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W E
WER~NE, gfIfREXEECHTAEY () Lm MES BRI R Bo<f. & G i—
Mo, Hr-BFRCH—ANXZBTEF, ERFFEKXEV (C)F g(x)<dr(x)<f(x), HCAHR
—Mg, HD-BF, MEGCR—A (0,.f) H.ECHLRSBR—BDRZN (0, f)-BF, MK
GR (9. HI-BFIHEN.AXEBECE (9. H~-RTFASBRI—NTH &M,

x| B BFY BFom

—. 5l

BRER—IMHEWE (KFloop) , V(G)ME(G)4RIRCGHTSE F 4 &, XE «€
V(G), Fda(x) FRxEGCHEIKRE, #g, fREXEV (G) LB ERERME BB HI<S,’
Fwhg, [V(G)>2*, B Z* FniEfBERE, BCH—1 (g )-BTEGH—IX
HETEF, FEXRFAAREV(G)Fg(x)<dr(x)<f (x), HFRGH— (g, /)-BF, &G
X HR -1 (g, H-BF, WK GCR— (g9, H-H., EXNERKXEV (G)FHg(x) =a,
f(%) =b, MBHGE—4 (g, f)-HFHGH—4 (e, b]-HF, FKa=b, MIa,b]-HFN
a-HF., R, HCEAFR—a,b]-EFske-HF, WHECR—[a,b]-EHKa-H HC
Ky RES R m A B AW (g, f)-BTFF1, Fyery Fay WKRFIUF U UFa R G—4
(9:))-HTFH R, HHCR(g,[)-ETFAHMRE.

XA WT #Zr-HTFEN [0,0]-HFABNER. X2 ZEHAET [0,6]-FHT 45
. XO3IMC[41AET B8 (0,.)-FFSMOBESFAET —BER (FIIHERR
x€V(G) f(x)=g(x)=0(mod2)), XS] 6] EEWMKT (9,f)-EHTFHMRE, HHH (g,
H-BET SR — ST, AR BIM6 10— B, 8RB EXTHET
S IR B SIS ER AR O A SR BB

m

TVERE R

BE BCR—TE, g,fV(G)>Z*, EXNFHNEV (G) i RE&4
mg (x) +my (x) Kdo (%)L mf (%) —mz(x)

1 TEHRTEERKYE, ik 710077
2 FIL T RS, P 710072
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ml(x)={ 0, Fg(x)=0(mod2)
m—1, #g(x)=1(mod2)
mz(x)={ 0, #f(x)=0(mod2)
m—1 #f(x)=1(modz2)
MGEESHREm D (g, /) -BT (BdmB—-PERE) , WGCE(g,f)-BETFHHHEN,
ATEHAEEAH T HASHE,
5138 FCR— - P-%BE (n>1), IR—DLHMFLIKI, By, [V (G)>Z7,
HTHN=EAS%HRE, WEHE—T (g,/)-EHTF.
(1) WA *EV (@), g(x)<Ode(x)<f (%),
(2) GEDH—Tfutlig() <f(u)y BFAHXEV(G), gx)=f(x), B Y f(x) &

zE7(6)
B3,
(3) BE{de(x)| g0)=F(),xEV (G) YR &S (%) | g(x) =f (x) ,xEV (G) } BB K,
REZIER SmARAE, En=1, SEBRRI. TEEER>], Ri—RE, &
TBRGR BB,
% '
Vi={x€V (G)|g(x)=0(mod2), de(x)=mg(x)}
Vi={x€V (G)\V1] f (x)=0(mod2), de(x)=mf(x)}
V=V (G)\(V1UVs), 0=1/m

EEXV(G)J_B@W/Pmﬁq%upﬁnT
g(x), =€V, “g(x), FExEV |
g(x)="{ f(x), HxEV, p(x)-{ﬂx), HxEV,
- \LG/m)de(%)],  ExEV, [(1/m)de(x)141, HxEV,

Ho[(1/m)de(x)1 3R (1/m)de(x) IR REHH 4. BB AN E R K €V (G)FHa(x) <
r(x), Ba, p, O0=1/mii I HK =%, BRGHE—T(q¢, p)-HFF, BFHEMNER
Kx€V (GY A

9(x) g (0) < (1/m)de (%) <p(x)<f (%)
Bk, WNE eV,

q(x) =p(x) =g(x) = (1/m)de(x) <(1/m) (mf (x) —my (%) ) <f (%)
HAGAEV

q(x)=p(x)=f(x)=(1/m)de(x) =(1/m) (mg(x) +m(x)) =g(x)
g€V s,

q(x)=[(1/m)de(x)12[(1/m) (mg(x)+m1(x))]—g(x)
#Ex€V,, Hf(x)=0(mod2), 0

p(x)=[(1/m)de(x)]+1<(1/m)de(x) +1<(1/m) (mf(x))+1=F(x)+ 1
Bl p(x) <f (x)+ 1, RS R B REE, W (x)<f (%), EXEV, Bf(x)=1(mod2),
my

Py =[(1/m)de(x) 1+ 1<<[(1/m) (mf (x) —my (%)) 1 +1

=[(1/m) (mf (x) —=m+1)]+1=f(x)
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Hit, XMEMxEV (G),
9(x) <L () <(1/m)de (x) <p (%) < F (%)
BFERGH—1(g,f)~-HT.
4C=G-E(F), WH—LIxEV (G), da(x)=de(x)—dr(x). HigI %V,
dg(x) =de(x) —dr(x) =mg(x) — g(x) = (m—1) g(x)
= (m—1)ds(x) /m<((m—1) /m) (mf (x) —my (x))
(m—1)f(x), #f (x)=0(mod2)
<L) £05) = (s 51 (x)=
m—2), ZHf(xy=1(mod2)
K FAXEY,,
. dg(x)=de(x) —dr(x) =mf (x) = f(x) = (m—1) f (x)
=(m—1)de(x)/m>=((m—1)/m) (mg(x) +m(x))
>{ (m—1)g(x), #g(x)=0(mod2)
T Uim—1) g+ (m—2), #g(x)=1(mod2)
X xEV
ds(x) =dg(x) —~dr(x) >de(x) - p(x)=d¢(x) — [(1/m)de(x)] ~1

>dg(x)—%dg(x)—1= "L do(x) -1

[>~7%1~mg(x) —1=(m—1)g(x)—1, #g(x) =0(mod2)

u >Jﬁn—:—l~(mg(x) +m—1)—1={m-—1)g(x)+ (m—2) — »%L, #g(x)=1(mod2)

[ﬂ[ﬂ:, X‘J_Fﬁ’ﬁ‘xEVE,

- (m—1)g(x), #g(x)=0(mod2)
d.;(x)}{ (m—1)g(x)+ (m—2), FHg(x)=1({mod?2)
H—Jit, SEpxer.,
da(x)<<de(x) —q(x) =dg(x) = [(1/m)de(x)]

<dg(x)—:~ndg(x)+1= T do(x) + 1

<P Lmf(x) + 1= (m=1) ] (x) +1, # 1 (x)=0(mod2)

<——m:m—l~»(mf(x)—m-i-1)+1=(m—1)f(x)—(m—z)-l-in—n:;—L, #if (x)=1(mod2)

Et, *ErExEr .,

(m—1)f(x), #if (x)=0(mod2)

(m—1)f(x) — (m—2), #f(x)=1(mod2)

Frll, S—¥x€V(G), &4
(m—1)g(x)+(m—1)1(x)<da (%)< (m—1) f(x) = (m—1),(x)

da (x) < {

Hp
0, #ig(x)=0(mod2)

(m—1)1(x)={m__2’ %Q(X)El(m()dz)
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0y #f (x)=0(mod2)

(m—-l)z(x)={m__2’ £ f(x)=1(mod2)
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On (g, f)-Factorizations of Graphs

Ma Runnian

(Air Force Telecommunication Engineering Institute,
Xi'an 710077, P, R, China)

Gao Hangshan

(N orthwe sten Polytechnical University, Xi'an 710072, P, R, China)

Abstract

Let G be a graph and g, f be two nonnegative-valued functions defined on
the vertices set V(G) of G and g<f, A(g, f)-factor of a graph G is a spam-
ning subgraph F of G such that g(x)<\dp(x)<f(x) for all x¢V(G),6 If G itself
is a (g, f)-factor, then it is said that G is a (g, f)-graph, If the edges of G
can be decomposed into some edge disjoint (g, f)-factors, then it is called that
G is (g, f)-factorable, In this paper, one sufficient condition for a graph to be
(g, f)-factorable is given,

Key words graph, factor, factorization



