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WN (w1, *)= N(wz *), N(x1,x2)) 2 Zallxi— x2 %
Vaxi,x2 €H, wi € A(x1),w2 € A(x2);
(i) N(s,*) A r1_ ; T> 0

(N (w1, *)= N(wz *), Yz, x2)) 2TIN(wi, *) = N(w2, *) II°,

Vaxi,x2 €H, wi € A(x1), w2 € A(x2);

(1) N(e, ) € _Lipschitz a> 0
N (w1, *) = N(w2, *) I <& llwi- w2ll, Vw1, w2 € H,
, N(e, *) & _Lipschitz
(ivy A i H_Lipschitz , lLi>0
H(A(x),A(y)) SLllx- y I, Vx,y € H,
H(e, *) CB(H) Hausdorff .

, T [>.H _lipschitz .

(i) , x=y L (i) :
(i) , 0> 0
(Mx,y),x—y) 20lx= 52
x,y €H ;
(1v) Lipschitz , 6> 0 In(x, y) Il <K8lx— y I, x,y €
H .
1.2 NHxH  He gH_)H
(1) n_ . Le(x)- g(y), Wx, y)) 20, x,y €H ;
(1) n_ ; x=y (1) ;
(i) N _ , r> 0
()= g(y), Wa.y)) Zrlla=y Il
x,yEH ;
(iv)[g] Lipschitz , t> 0,
lg(x)- g(y) |l <t llx - y I,
x,y €H ;
(v)t? : a> 0
(g(x)— g(y),x—y> 2rllx— yII%
x,y €H .
1.3% WH xH ~ He m:H~ 2"
(1) 1n_ , x,y €EH,u € M(x),v € M(y) w- v, W x,y)? 20
(i) n_ , n_ n_ Graph
M Graph -
g= 11 ), L2(1) (i) (i L) (i)
(ii)e x,y €H Nx,y)=x-y, 1.3 M
1. 2( ii) 1.2 (Vv)e
1.4% A, 7:H ” CB(H) N, VHxH H .
(1) N(e, *) A Tl_ , a> 0
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2 gn_
g _
2.1 gH H n.HxH H S M:H T 2!
M gn_ ., M n_ A> 0 (g+ M)(H)= He
21 1) g=I( ), &N _ [8] [12]
2) x, y € H Nz, y)=x-y g=h,  gh_ [7] h_
2.1 g:H H n_ M:H 2" gn_ ., M
I‘l_ .
M 0_ , /8] 1, (y,v) €
Graph(M ), {u - v, 0(x,y)) 20, w € M(x) , Graph(M) =
(y,v) €EHXxH:v € M(y)} M  Graph*

( x0, uo) & Graph(M )

(wo— v, N(x0,y)) 20, Y(y,v) € Graph(M )

(1)

M gn_ , A> 0 (g+ M)(H)= H, (x1, u1) € Graph(M )
g(x1) + 1= g(xo0)+ Auo* (2)
(- (2
Muo— w1, Wxo, x1) )= — {g(x0)— g(x1), Wxe x1)) 20,
g T_ , x0= x1° (2) uo= u1* (x0 uo) € Graph(M ),
M _ « O
M gn_ , n_ ( ); M n_ ,
g _ ( 2.
1 H= R g M 1
g(x) = x3>M(x) = x27 rl(x’y) = x2_ y2’
M g1 _ s n_ .
x,y €R
M(x)= M(y). Y. y)) = (2"~ y")* 20
M 10 _ . X, ¥ €R
(g+ M)(x)= o'+ 2" = &’(x+ 1) ER,
(g+ M)(R) = R M gn_
x,y €ER (I+ M)(x)= x+ x> €[-1/4 + o); (I+ M)(R) ZR*
/8] 2 .M n_ - O
2 H= R g, M 1 rg(x) = xz,M(x):x Nx,y)=1axyl (x
-y), M n_ , g _ .
x,y €R <M(x)—M(y),r](x,y)>=|xyl(x—y)2>0, M
n_ . x,y €R (I+ M)(x)= 2 € R, (I+ M)(R)= R°
/8] 2 .M n_
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x,y €ER (g+ M)(x)= x°+ x €[- 1/4, + o), (g+ M)(R) #
R* M g _ - O
2.1 g:H  H n M:H 2" gn_ .
(g+ M)
w€H, xy€(g+ M) '(u),
- g(x)+u € WM(x), - g(y)+ u € M(y)*

M n_

0 (- glx)+ u)— (- gly)+ u), W, y)>== {g(x)— g(y). W, y))
g n_ ¥ =y (g+ M) - O
2.2 g:H H n_ M:H ™ 2" gn_
Ry vH H

Ruxx)= (g+ M) '(x),  VxCH: (3)
22 g:H H 1_ , rsTeH xH ~ H  Lipschitz

, sM:H 2 gn_ . Ru.xH 7 H  Lipschitz
&/r,
||Rﬁ/1,)\(x)— R}’L,)\(y) I <r§||x—y||, Vx,y €He (4)

x,y €H, (3)

Riua(x)= (g+ M) '(x),
Runy)= (g+ M) '(y),

(= g(Rinx))) € M(RSA(x)). (= e(Ria(y))) € M(Rh(y )"
M 1 R

= @ (Ron())] = [y = &l R x(y) )], W R a(x), Koy ) >0

=y e IR A(x ), Ria(y)) 1| 2=y, IR (%), R a(y)) 2
g(Ry. (%)) = g(RiA(y)), W R a(x), Rir.\(y))) 2

r Ry a(x) = R n(y) 11>
N Lipschitz , x,y €H

RS a(x) = Ripa(y) 1| <2l =y e

2.2 g=1, 2.1 2.1 [ 8] 2 [12] 2.1; 2.2
[12] 2.2; 1 . Nx,y)= x— y,Va,y EH g= h, 2.2
[ h_

3

Hilbert g 1
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M:H ™ 2" gn_ LA, T:H ~ CB(H) N N(e, *):HxH
H . : x €H,w €A(x) v €T(x)
0€ N(w,v)+ M(x)* (5)
1 g=1I( ),V (x,y)+ Ny,x)= 0, Vu,y €EH M(x)= Onx) ¢ =«
€ dom® 1T _ , A> 0 R(I+ Mond) = H, (5) x €H,
w€A(x),v € T(x)
WN(w,v), Wy, x)) 2y) - Hx), Vy €H, (6)
#H” RU{+ o) & xE€domd T1_ 8] [9] [11]
2) x €H A,T:H  H,N(A(x),T(x))= T(x)- A(x) Hx)=- P(x),
(6) /8] : x €H x € dom®
T(x)= A(x), Wy.x)) 2Hx)- ¥y),  Vy€H; (7)
3) N(x,y)= x—y,Va,yEH, g=h M h_ JA,T:H " H, N(A(x),
T(x)) = A(x)* (5) [7] : x €H
0€A(x)+ M(x)e
MATT N(e ) , (5)
3.1  g:H H n_ M:H” 2 gn_ ., x €H,

w€A(x),v € T(x) (5)
x € Ry(g(x) - N(w, v)),

Rir= (g+ M)_l, A> O
3.1, (5)

3.1 x0 € H,wo € A(xo),v0 € T(xo), Nadler! '/,
{a (o ()

Xn+ 1= Ré"{l, }\(g(ﬁhz) - XV(M)H,’UH)),

wn € Afxn), M= wnr Il <| 14— JH(A(M),A(WI)),
on € T(xn), Non— var1 Il <| 14 ni T/ H(T(xn), T(xm1)),
n= 0,12 -
A> 0
3.1 g H “H 1 _ s r Lipschitz s t;
NHxH_ H Lipschitz , sM:H 2 gn_ SN(e, ¢
A TN , € _Lipschitz
& _Lipschitz ;A 11 H_Lipschitz ;T [, H lipschitz . A>

0
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0< m=r— 6 Jt’= 2r+ &< ré,

2r < t2+ 62, L& > 128,

PRET Smidhe+ [(FP8- m)(rtiE- 238),

\ rzl%s%'[ mrlz€2 (8)
rzl%é— r l282
J(FPB3ET- mrlbe)’ - (r 28— m?) (8- P38
r l1 rzl%?,%
3.1 { ,} {w,} {Un} xw v (x,w,v)
(5) .
3.1, 3.1 2.2,

Haei— noll = WRY A g(x0) = AN(wn,v0)) = RuA(g(xn1) = W(wnr, va1)) S
rﬁ ||g(xn) - g(xn— 1) - }\(N(wn, 'Un)_ N(wn—b vn—l)) || <
rg{Hg(XH)—g(Xn—l)— rl(xn,xn—l) Il +
||r].(x",xnf 1)— )\/(N(Wn, ’I]n) - N(w"f 1, Un,)) ||+
}\,”N(’M)nfl, Un)_ N(wnrl; Unfl) ||}. (9)

g n_ Lipschitz , 11 Lipschitz
lo(x,) - X 1) = Nam xn1) I < Jt2= 2r+ & llap— e 10
g g )
N(e, ) A TN _ € Lipschitz ,
& _Lipschitz ;A 11 H_Lipschitz T 1, H_lipschitz ,

U %0, %0 1) = NN(wn va)= N(wn1,00)) 117 =
NN (wn, vn) = N(wn1,0a) 1=

2)\4<N(1/Un,1]71)— N(Wnrl,’lfn),rl(xn,xnfl)>+ || rl.(xn,x"fl) ||2 <
2 2
[}31%8%[“ ﬂ - 2TN%8%[1+ ,17] + 62} | P (11)

IN(wn-1, va) = N(wn-1, va-1) |l 1282[ %] Wown— 21l (12)
9 (19 (1n (12 -,

||xn+1— Nn || <r§{ '”2_ 2r + 62+ }\4l2€2[1+ ﬂ_l_

2 2
J)?l%%ﬁth %J - 2rx%é[1+ %J + 62} ln = aer IS

0 lan— xnet I,

(13)
= 76{ JiP=2r+ &4 Mzez[1+ %]4‘

2,22 1?2 2 1|2 .
Nlie| 1+ o _2TXIE| 1+ ot 1)
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8
0= T{Jtz— 2+ &+ Maea+ [NiTg- 2TNigi+ 52},

T O
(8) O< B< 1, n ,  Ou< 1 (13) {xn
Cauchy . ,l x €H, 3.1 A, T Lipschitz ,
M, = w1 <| 14 —H(A(x) Alxn1)) SULiE| 1+ l] Hown— 251 I,
lone oo Il <[ 14 —H(T(x,l) Tixn)) <b&| 14 | lxne o lle
n
{w,} { } H Cauchy . nT4+ o L w, w v, v
n

d(w,A(x)) < Nw = w, 1+ d(wnA(x1)) S
Nw = wo Il + H(A(xn, A(x01)) S

W — wn I+ 1 lxn— ne1 Il 7 0,
w € A(x)e v € T(x)*
n_+ o 3.1 AT g N Lipschiz ,
x= Ru(g(x)- N(w. v)), (14)
s 3.1, (x,w,v) (5) .
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g_Eta Monotone Mapping and Resolvent Operator
Technique for Solving Generalized Implicit
Variational Like Inclusions

[1,2]

ZHANG Qing bang'"?, DING Xie ping’
(1. College of Applied Sciences, Beijing University of Techndogy,
Beijing 100022, P.R. China;
2. College of Mathematics and Softw are Science, Sichuan Norm al University,
Chengdu 610066,P .R . China)

Abstract: A new class of g_Eta monotone mappings and a dass of generalized implicit variational like

indusions involving ¢g_Eta_monotone mappings are introduced The resolvent operator of g_Eta mono-

tone mappings is defined and its Lipschitz continuity is presented. An iterative algorithm for approxi-

mating the solutions of generalized implicit variational like inclusions is suggested and analyzed. The

convergence of iterative sequence generated by the adgorithm is also proved.

Key words: g Tl monotone mapping; resolvent operator; generalized implicit variational like indw

sion; iterative algorithm



